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Basuc P,

Mycte B C Ps.
MHoxecTso B HasbiBaeTcs ba3sucom Ps, ecnm
1) [B] = P2, T.e. cuctema B — nonHa;

2) pnsi noboii pyrkumm f € B Bepro [B\ {f}] # Pa, T.e. cuctema
B — Heun3bbITO4HA.
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Teopema o uucne dyHkuuii B basuce P,

Teopema 6.1 (o uucne cyHkuuii B 6asuce Py).
1. J/lroboisi 6asuc Py copepxunt He bonblue YeTbipex hyHKLNIA.

2. Ana moboro uncna k, 1 < k < 4, B P, naiigercs 6asuc,
cogepxaLynii poBHo k byHKLMI.
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Teopema o uucne dyHkuuii B basuce P,

HDokazatenscreo. 1. MNycte B, B C Py, — 6asuc P,. Torpa B —
nosiHas cmctema. 3HayuT, no Teopeme [locta B B HaligyTcs
cnepytowme (He 0bsi3aTeNbHO pasnuyHble) yHKLMN

fo¢ To, A ¢ Th, f1¢L, ¢S5, fm¢ M.

Cucrema {fo, f1, i, fs, fn} — nonna, a B — HensbbITOYHAS
cucTema, nosTomy
B = {f07 fl) ﬁu fS7 fm}

3nauur, |B| < 5.
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Teopema o uucne dyHkuuii B basuce P,

Hoxka3zatenbctBo. Paccmotpum dyrkumio fy € B, fy ¢ To:

X1 ... Xnl|fo
0 011
1 11 a
roe a € E;.
Tenepb

1)ecnm a =0, to fo ¢ T1, M, a 3nauut, f = f, = fo, n |B| < 3;
2)ecnm a=1,70 fy ¢ S, a 3HauuT, f; = fo, n |B| < 4.

CneposaTtensHo, |B| < 4.
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Teopema o uucne dyHkuuii B basuce P,

HokazatenbctBo. 2. [ns kaxgoro yucna k, 1 < k < 4,
npueeaem npumepsl basucoe B us k dpyHkuuii:

1) ecnu k =1, 1o, Hanpumep, B = {x/y} van B = {x | y};
2) ecnn k = 2, To, Hanpumep, B = {X,x -y} wwm B ={X,xV y};
3) ecnn k = 3, 1o, Hanpumep, B ={1,x® y,x - y}.
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Teopema o uucne dyHkuuii B basuce P,

OokasatenbctBo. Ecnun xe k = 4, To paccmoTpum
B={0,1,x®y®z,x-y}.

MocTponm Tabnnuy ans sToro MHoxecTea B:

To| T:|L|S|M
0 + | =+ |+
1 — |+ |+ -]+
XQy®z| + |+ |+ |+]|—
Xy + |+ |-+
Kpowme Toro,
B\ {0} C Ty, B\ {1} € To,

B\{x@®y®z} CM, B\{x-y}CL

3HaunT, cuctema B — nonHa n Hem3bbITO4YHA, T. €. ABNSETCS
basucom.
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[NpeanonHbIii kKnacc

Mycte A C P>. MHoxecTBo A Ha3blBaeTcst NpeanoJiHbiM
KJ1aCCOM, ecnu

1) [A] # P», T.e. cuctema A — He nonHa;

2) ans noboii dyHkuum £ € Py \ A BepHo [AU{f}] = P2, T.e. npu
nobaeneHun Kk A noboit dyHKUMM, B HEM HE COLEPXKaLLENiCs,
NoJly4aeTcsi NosiHasi CUCTEMa.
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3am KHYTOCTb NMPEANOJIHOIo Knacca

Mpepnoxenue 6.1. Jlioboii npeanonHblii kKnacc ABASETCA
3aMKHYTbIM KJ13CCOM.

Hdoka3saTtenbcTBo npoeegem ot obpaTtHoro: nycte A C P, —
npeanosiHbli knace, Ho [A] # A.

3nauuT, Hailgetcs dyrkums £ € [A]\ A. Tonyyaem:
[AU{f}] = [A].

Mo n. 1 onpeaenenus npegnonHoro knacca [A] # Pa, Ho no n. 2
onpegenennsi npegnonHoro knacca [AU {f}] = [A] = Pa.
Mpuxogum k npoTmBopeynto.

3HaunT, A — 3aMKHYTbIA Knacc.
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TeopeMa o0 npeAnosiHbIX Kiaccax

Teopema 6.2. B P> HaiigeTcs Bcero natb NpeanosiHbIX Ki1acCOB:
TO, Tlv L,Sa M.



TeopeMa o0 npeAnosiHbIX Kiaccax

Mpeanontbie knaccol
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dokasatenbctBo. 1. CHavana nokaxem, 4TO KaXkAblii U3 KNacCoOB
To, T1,L, S, M He cogepXunTcs HN B KaKOM APYroM U3 3TUX

KNacCCoB.

[ns sToro noctpoum Tabnuuy, B KOTOPOU CTPOKM 1 CTONOLbI
COOTBETCTBYIOT 3TUM KJ1aCCaM, a Ha MepeceyeHunyt CTPoKY 1
cTonbua ykasaHa byHKUMS, NPUHAAIEXaLas Knaccy, KOTOpbIM
obo3HayeHa 3Ta CTPOKA, U HE MPUHAANEXKALLAS KIACCy, KOTOPbIM
obo3sHaveH 3ToT cTonbel;:

To| Th L S| M
To| — | O X-y 0| x®y
T 1| — Xy 1| x~y
L] x| X 0 X
S| x| x|mxyz)|— X
Ml 1|0 Xy 0 —

roe m(x,y,z) = xy & xz ® yz.
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TeopeMa o0 npeAnosiHbIX Kiaccax

Joka3zatensctBo. 2. Tenepb NMOKaXkeM, Y4TO KaXKAblli U3 KIACCOB
To, T1,L, S, M siBnsieTcss npeanosiHbim.

Hanpumep, paccmoTtpum knacc Tg. Torga:
1) [To] = To # P2

2) ecnu f ¢ Ty, To no Teopeme [MocTa
[ToU{f}]= P,

TKOx - y,x®yeTon0¢ T1,S, x-y¢ L, xdy ¢ M (cm.
nepByto CTPOKy Tabanubl u3 n. 1).

3HaunT, Tg — npennoaHbIiA Knacc.

AHanornyto MNPOBOAATCA PACCYXAEHUA ANsA OCTaJIbHbIX K/1aCCOB.
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TeopeMa o0 npeAnosiHbIX Kiaccax

dokasatenbctsBo. 3. HakoHel, nokaxem oT obpaTHOro, 4To
APpYyrnx npeanosHbiX KaCCoB HET.

Mycte A C P, — npeanonublii knacc, npudem A # To, T1,L, S, M.

3HaunT nnbo A He COAEPXKNTCA HN B O4HOM N3 3TUX K/1ACCOB, nnbo
CTPOro CoAep>XnNTca B KAKOM-TO U3 HUX.

Ecnn A He copepxutcst HM B ogHom u3 knaccos Tg, T1,L, S, M, 1o
no Teopeme [locta [A] = P,. Monyyaem npotusopedne ¢ n. 1
onpefeneHnsl NPeanosHoOro Knacca.

MycTb A CcTporo cofepXXuTcs B KAKOM-TO U3 3TUX KJIaCCOB,
Hanpumep, nycte A C Tp, A # Tp. Torga HailgeTcs yHKLUS
feTo\ A orkyaa [AU{f}] C Ty # P». Monyyaem npoTtusopeune
C n. 2 onpegeneHnsl NpeanosHOro Kjiacca.

3HauuT, gpyrux NpemnosiHbIX KAaccos Het, T.e. Tg, T1,L, S, M —
BCE NpeAnosiHble Knaccol B Po.

&l
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CeefeHus o pesynbTaTtax J. [locTa

3. MocT onucan Bce 3aMKHYTbIE KIacchl B Ps.
OH nokasan, 4To
1) B P, HaiijeTcs BCEro CHETHOE HUC/IO 3aMKHYTbIX KACCOB;

2) kaXKAbIf 3aMKHYTbIA Knace B Py conepxnT KoHeuHbIl basunc
(T. e. KOHEHHOE MHOXECTBO (PYHKLMIA, 3aMblKaHUE KOTOPbIX PaBHO
3TOMy KJaccy).



3ajauun Ansi CaMOCTOSITENIbHOMO peLleHus

1. Mycte B C P, —b6asuc P, u x@ y @ z € B. BoisicHuTe, cKosibko
PyHKUNTT MOXET COAepKaTbCsl B MHOXeCTBe B.

2. HaiigyTcsa nn doyHkumn, npuHagnexalime BceM npeanoHbiM
knaccam?



	
	 
	

